In this note we prove the uniqueness of a projection onto a given subspace with strictly contractive complement. We also show that, if one completely contractive projection is invariant under another, then the two commute.
Note that this result no longer holds if we replace ' s t r i c t l y contractive' by 'contractive'. As a counter-example consider the real plane with the unit ball represented by a regular hexagon. Then each of the three lines through opposite vertices i s parallel to a pair of opposite sides. Let any two correspond to the null-spaces of p and q respectively and l e t the third be their common range. Then p , q , and their complements are a l l contractive. REMARKS. This result enables us to consider reflexivity of sets of projections. A set P of self-adjoint projections on (or subspaces of) a Hilbert space is reflexive if P = lat(alg(P)) . Arveson [7] and
Davidson [3] showed that complete commutative lattices on The equivalent conjecture for subspaces fails. As a counterexample consider the set 5 of subspaces generated by the natural basis of l m . The subspace C-is then invariant under all operators in alg(S) .
